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Section A — Multiple-choice questions

Instructions

« Answer all questions in pencil on your Multiple-Choice Answer Sheet.

« Choose the response that is correct for the question.

« Acorrect answer scores 1; an incorrect answer scores 0.

« Marks will not be deducted for incorrect answers.

« No marks will be given if more than one answer is completed for any question.
« Unless otherwise indicated, the diagrams in this book are not drawn to scale.

Question 1
If x — a is a factor of 3x° — 5x% — ax, where a € R\{0}, then the value of a is

A. -2

C.g

Question 2
Suppose that /: R — R and g : R — R are functions such that /" (x) = g'(x) -2, f(0) = 1 and g (0) = 2.

- /&K/é Gl<) Xt &
A. gx)=f"(x)+2 . ’
B. g(x)=/f(x)+2x+]1 1%7/9/-/// -~ 7 o+ cC

gx)=3 gi
D. gx)=f(x)+2 ( — — |

Question 3 ﬁx/ /O()/M/‘ ; ﬂ[)&); 74/(/47/(*

b a
IfJ. f(x)dx =3, then J. (27 (x)+3)dx is equal to
a b

. —a+ Z G
Skt [

B

D
C.
D

6 345
= 2 Ca=b @@
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Question 4
The graph of y = f(x) is shown below.

P <

y=f)

Which option shows the graph of y = F'(x), where F'is a i-derivative of f?
A. B.

P <

Y
A
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C. D
Y ¥
4 A
0 <9\ B
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Question 5

The scores of a national standardised test are approximately distributed with mean of 120
and standard deviation of 15. Andrew scored 117.9 and Ghloe’s=score is 1.2 standard deviations above
the mean. The probability that a randomly selected participant achieved a score between Andrew and

Chloe is closest to A/(// /ﬂ) ; 6: /)_/

A. 033

B. 0.39 X/} ////C} “0(
(- At[2 &

Question 6
A biased coin has a probability of 0.4 of showing heads. The coin is flipped 10 times.

‘The probability of the coin showing heads at most twice is closest to
A. 0.12 =
( M J it
B. 0.13
C. 0.16 -
W]
- - 7/) B
-
Question 7 U/( >< -
Letg:[-1.1,0] > R, g(x) =x° = 3x*+ 2x° — 6x + 2.

The range of g, correct to two decimal places, is

A.
C. [0.00,471] 0 o L L{ 6{/

D. [-0.06,2.00]

7171
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Question 8
The graph of y = £(x) is shown below, where f: R — R, f(x) = x° — x.

;

y=f(x)

The area of the region marked 4 is the same as the area of the region marked B.

Given that a > 0, the value of a is

A -~ Ai/f{f/

4

@
2 B. 1
©
L
=
ofd
= .

N
[}
= D. 3
3
ol
S Question 9
8 Given that the graph of y = g (x) has a local minimum at (2, 1), the graph of y = g (—2x) must have

2l
B, alocalminimum at (—4, 1). ;
C. alocal maximum at (-4, 1).
D. alocal maximum at (2, -2). (//; / )
Question 10
Let f(x)—e2*+3,g(x) 2 +2x-3, andh(x) g(f ().

e 9t fa) i
Lf ux4eé 7L?Z 2+

C. 16/(2x)f(x)
D. 4g(x)+4f(x)

7171
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Question 11
Consider the functions 7 (0, ©) = R, f(x) = log,(x) and g : R > R, g(x) = sin(x) + 2.
The range of the function f(g(x)) is

A. (0,00) ol )
fowy) < ©  [29%¢
}_ — 4)) (i
Question 12
A game consists of rolling a fair six-sided die. Points are scored according to the following table.
Number rolled Points /77/
Z.
1or2 6 =7
7
3,4o0r5 -3 3/ { B
6 9 %

Let X be the random variable representing the number of points scored per roll.

ean E(X) 1s
A.

3
C. 4
D. 5
Question 13

1
Let f(x) = ", where x € (0, —J, / '
2
The inverse of f'is //()(//,, // %4 ()</ V% .
‘ e
A )= %loge(x)—/szhere x € (0, 0)

B. fl(x)= 21oge(x% where x € (0, )
C. f_l(x):%loge(;)><\wherexe(e4,es) TZ//’\ S/q {Z / QL?\ d//} /

)= %bge(x) —2, wherex € (e*, &)

7171
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Question 14
Consider the functions f(x) = log, (x* + 2x — 3) and g (x) = V2x + 7, each defined over its
maximal domain.

The maximal domain of the product function 4 (x) = f(x) g (x) is

A (~0,-3)U (1) o S Apim @i A(x)/x)

-

—

B. 1,1] ’ e
| [P0 ? et UDT

~

Question 15
The function g is differentiable over the domain R and satisfies g(2) = g(4) =aand g'(2) =g'(4) = b.

Given that p (x) = g(x) g(2x), then p'(2) must be equal to

A ab p'(xk q(x) zj’(%%L 9 (@) j'/X)

B. 2ab

(e pl(e)=5+)2§ @) t 5 )5 ()

= OK'Z(QTL O\(O

Question 16

Let X be a normal random variable that satisfies Pr(X > 6) = Pr(X < 8) = Pr(Z < 0.5), where Z ~ N(0, 1)
is the standard normal random variable. PSR e

The standard deviation of X'is
A. 0.5

©
()
e
©
L
d=
)
=
(<)
b
=
z
-t
o
c
(]
(a]

/

Question 17

In a set of 10 products, six products are defective. Two products are randomly selected, without replacement,
from the set of 10 products. It is known that at most one of the two selected products is defective.

is the probability that exactly one of the two selected products is defective?

fr(x=l | xe) o 0 0=t)
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Question 18

Consider the algorithm below, which can be used to find an approximate solution to the

equation log,(x) — g =0.

define f (x)

return log, (x) - x/3

a <« 4

b & 6

for i from 1 to 3

c &(a+Db)/2
if -0.01 < f(c) < 0.01 then
print c
else if f(a) x f£(c) < 0 then
-
bé‘C </f '
else 61% (&1/\

a € ¢

end if

end for

Which of the following numbers would be printed by this algorithm?

c. 19
D. 1.86

L | C

S

7171
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Question 19 X/’Ug/’ M -

Let B and C be discrete random variables whose values are obtained from two rolls of a fair
six-sided die.

Let B be the number obtained on the first roll and C be the number obtained on the second roll.

e-probability that the quadratic equation x* + Bx + C = 0 has at least one real solution.

B Nz hHc
% W/glé e

C. %78 4&( 757/
1

L
£ 7 ﬁ
Question 20 /N (\LO )0/4/%&;‘/\> 6 [\/0 - V7Z@%/%

In the xy-plane, there is a system of two linear equations Wlth a unique solution and another system of
two linear equations with infinitely many solutions.

These four linear equations are combined into a new system of four linear equations.

ibilities for the number of solutions of this new system will be

or infinitely many

C. 1

i
(<}]
e
(1]

i

=

b

=
[}
3=
LS
S

Al
o
c
8 D. 0,1 orinfinitely many

7171 End of Section A
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Section B

Instructions

« Answer all questions in the spaces provided.

« Write your responses in English.

+ In questions where a numerical answer is required, an exact value must be given unless otherwise
specified.

« In questions where more than one mark is available, appropriate working must be shown.

. Unless otherwise indicated, the diagrams in this book are not drawn to scale.

i / ) [
QS ad f—tf m {W
Question 1 (12 marks) \Y 7 9
Consider the function g : R — R, g(x) = (2= D(x + )%~ () (Y1) ()(T// - (¥H) [)(-4)
a. Find the x-value of the stationary point of inflection of the graph of y = g (x). 1 mark
b. Find the coordinates of the local minimum of the grap/}? of y =g (x). 1 mark
1 J _
= C E /IVZ—>
Z 7 §
c. Find the average rate of change of g (x) between x = 0 and x = 2. 1 mark

9(Y-56) . |14
2

(U7
d. Findthe equati@f the tangent 1i@ the graph of y = g (x) that have

a gradient of —2. MAW = =5 /lé(mﬁf//\,/ /§ 2 marks
T =T
9(x)z 2(AD (OCHXA) | e g = 42

~2= 2 (D) (1x =) Mt Fe 0, favsbd

g ./Z; o X= 9 ;/Z -2 X ‘//

e. Describe a sequence of two transformations that maps the graph of y=g(x) to the
graph of y=g(1 —x). = 9 (—@ O(—()) 2 marks

Ao Med o i tle # vbtical  axs

2. 7//4‘45/0‘{/151/\ % / UL f/ﬂfi V'&(f/[{ 5(771@0&04% 3‘(
I hor o] e
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f. Letaand b be positive real numbers, such that the graph of y=a x g(x) + b has a
local minimum on the x-axis.

Express b in terms of a. 1 mark

_ (b
A= —7x

q Al
[9; lq’/—' gﬂa(#{‘”%

O

~

4/
g. For each real number £, let g, be the function g, : R — R, g, (x) = (x> - k)(x + k).

i. Find all values of k for which the graph of y = g, (x) has exactly one x-intercept. 1 mark
_—
Lo
K c ( —A, 0 /]

ii. Find all values of & for which the graph of y = g, (x) has exactly one stationary
point. 3 marks

)= 7 () (X ex—k)
02 2 CHE (1xHux —K)
Xz -k oy - tlCi48) —K
-
To N ol S [rdiin
k ( k4Z) <o
Y <K Lo
K& (-5 .20) ot (Al
Argn k,ZCP '; pwdr%@, )
9. (R XA XYl hes anly s one
f fa %/OV\C&M V\OlW(”
K_& //>? 07

9

/

©
o
b
©
L
K o=
e}
=
()
=
)
3
)
o
=
o
a
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] — A
Question 2 (12 marks) /(A\)(} /lbk

Consider the function f:D — R, f(x) = 4e>°%Y) where D is the maximal domain of /.

a. Find D. + 1 mark
f); K o Q i [O ) & 8 >
b. Show that f can be e;pressed in the form /: D > R f (x) = 4x°. 1 mark

L[99, (X )
4@ e 48/%0&) 4 X
{/7(%/)5 4 X’

[

c. Find the area bounded by the graph of y = f'(x), the x-axis and the lines x = 1 and x = 2. 1 mark

/{{L 7%() &(X = /f (/((4ﬁ<a

n

/ ] /
A g7 o =9 (%)
d. The functionative of f that passes through the point (1, =5).

i. Sketch thesfunctiong on the axes below, over the doemain D."
Label the coordinates of the endpoint, the x-intercept and the points on the graph

wherex =1 andx = 2. 3 marks
y
A
7 4 /O) 7(
10 \/ 7 /
5 Yo
» x
-1 0 1

)
6k

-6) U.~)
Gt / d ot 4

%X) 7< é TLJC /AW{ Do s
XC/ (9 ) /’Q) 7171 M/{\W/{Lg {/& [/(/(/%
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ii. Leta>0.5

The area bounded by the graph of y = f(x), the x-axis and the lines x = 0.5 and
x = a can be expressed in the form g(a) + b.

Find the value of b. 2 marks

¢ 1

Jm\ fd dy- a -
9() +h= b

_bth=
lo= Y

A 0-2)) - f0)

e. Consider the function % : (1.5, ©) - R, h(x) =f(2x—3) — f (x).

i. Find a quadratic expression for 4'(x). 1 mark
( - = |
h'(x)=€4 X 28X +2/¢
Z AVt
ii. Hence, or otherwise; find the coordinates of the point on the graph of y = 4 (x)
where the gradient is a minimum. 2 marks

-' | L
i ({X/ /Aaa MV (W w@m X= ":7
[ (l%):’iﬁ;%?

_432
(5, %) .
T Wrived e

iii. Over the interval (1.5, p], the gradient of / is strictly decreasing.

Find the largest possible value of p. 1 mark
(Z

=5

7171
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Question 3 (9 marks)
Let h(t)= 2sin(4—27;—tj+§sin(3m)+3, where ¢ > 0.

The function # models the water height, in metres, on a tide height marker at the base of
a boat ramp.

The variable # represents time in hours after midnight on one particular Monday morning.

For example, ¢ = 6 represents 6.00 am on this Monday morning.

tide height marker

boat ramp

0 T T T T T T # T T s A
2 4 6 8 10 12 14 16 18 20 22 24

a. Find the water height at 6.00 am on this Monday morning. ’6/4 é

Give your answer in metres, correct to two decimal places.

h(6) =~ 3.25  molet s

E water [\l /\t/é

26 (3
b. Find the average height of water between 6.00 am and 6.00 pm on this Monday.

Give your answer 1n metres correct to two decimal places.

we[/ t) At 9. 98 pept

M7

1 mark

2 marks
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C.

A boat requires a water height of more than 1.4 metres to be safely launched off the
ramp.

Between 6.00 am and 6.00 pm on this Monday, find thetotal amount of time when it
is safe to launch this boat.

Give your answer in hours, correct to two decimal places. 2 marks
[4ob(¢)
* ¥. 8055, F 9995, R. 1362 [0, 6639
_3ods-b) HY . 2H62-F G4 B3~ /o £617)
% 7 4 //1 W/(

Find the absolute maximum height.of the water on this. Monday after 6.00'am, and the
time when it occurs.

Give the height in metres, correct to twio decimal places, and the time correct to the
nearest minute. 2 marks
/ O’M

1= o S0V s5h
(15 23¢cE) = S, [96/(5
/%JGW X MU /w(s/q LS 20 whyt( -

%ﬁwowfy Lo = %0 mimnid
7//MQ s 31%0 pmo,

Show that 2 (25k) = 3 for all posmve integers k. 1 mark

(/Uu ) 7 S ( ”LYb)‘/'ff’”(;K Zf'{é) +>
= 7S (47) + o S (F5k7) +3

= O 0 +5
= >
Find the period of the function 4. ~ 1 mark
pord o Sin (L) 3¢ B
porio sin (A4) 15 =
Lea 1% }WAQ(& f¢ SO
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Question 4 (13 marks)

A claim is a request to an insurance company for payment after an incident.

Company A offers car insurance. Let X be a random variable representing the claim
amount, in thousands of dollars, for each claim to insurance company A.

The probability density function of X 'is given by

8 2
- X Z —
f(x)=19x* 3
0 otherwise
a. Find the mean claim amount, E(X), in thousands of dollars. 1 mark
“xfo) dx =] oA ool
[Txfv) dx =] sauel o/ (S
_J l///b h . { 1%
= Z (<)
/

b. A claim of more than $2000 (that is, X > 2) is classified as large.

i. Find the probability that a claim is classified as large. 1 mark

[P dxz 25 =X

ii. Given that a claim is classified as large, find the probability that it is more than

$4000. 7 2 marks

7 x77)

|
— —7
D

M7
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iii. In a random sample of 10 claims, find the probability that'more than oneclaim is
classified as large. =~ NZ

Give your answer correct to three decimal places. 2 marks

ot 1501, 2)

br ((71)= 0. 05|

iv. A household hastwo cars insured with company A.

For each car, there is a 20% chance that a claim will be made next year,
independent of the other car. The claim amounts are also independent.

At most one claim can be made per car next year.

Find the probability that next year in this household there is at least one/claim
classified as large (that is, X > 2).

Give your answer correct to four decimal places. /’l 1 L 2 marks

«
()
S
(1}
i
L
=7
=
()
=]
=
3
)
o
=
]
(]

7171 Question 4 continues on the next page.
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c. Let T, be arandom variable that approximates the time taken, in days for company A
to settle a claim.

Suppose T, follows a normal distribution with a mean of 32 days and a standard
deviation of 7 days. 5 — ? ‘///5 L.
i. Find Pr(7,<45).

Give your answer correct to three decimal places. 1 mark

0.90%

ii. Company A settles 99.5% of claims within k days. /77/ (7/1] é,b) - 0 C{% \\‘,

Find the value of k.

Give your answer correct to the nearest whole number. 1 mark

(= 50

n=% X
iii. Company B also offers car insurance. In a random sample of 80 claims to
company B, 76 were paid. L —

Find the approximate 95% confidence intervy/fo/r the proportion of claims paid
“ —

by company B. WO

Give your answer correct to three decimal places. 1 mark

(0\5/01 - 0.998)

7171
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iv. Let T be a random variable that approximates the time taken, in/days, for
company B to settle a claim.

Suppose T follows a normal distribution with a mean of 25 days and a standard

deviation of 5 days. Z 7/(
5= < .

Y
A

days

The probability density function for 7, ~ N (32, 7%) is shown on the axes above.

Sketch the probability density function for 75 ~ N (25, 5%) on the same set of axes. 2 marks

(v oS o see
Yadr” }//wj S Ef//h@wv@

7171
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Question 5 (14 marks)
David is planning to build a vegetable garden in his backyard, using an existing wall

for one side and up to 12 metres of timber for the remaining sides. Assume that David’s

backyard is modelled by a flat plane.

a.

David considers building a rectangular vegetable garden as shown below, with
length / metres and width w metres.

existing wall

i. David uses 12 metres of timber for the remaining three sides.

Show that the area of the rectangular vegetable garden, in square metres, can be

expressed as 12w — 2w,

LA = '

[=)1—

(ot A be o aree

- (LW -lw”

A(w)=wlz wllt-ww) =

ii. Find the maximum possible area of the rectangular vegetable garden.

Give your answer in square metres.

M(LX arta  oceud c«{/\’&a Wz

ke ()

N

%

( :
ﬁ/Mé()((//lWW (179§§/\4/1/ N[ S ,/g

4

on CAS,

C/‘?”{C( /\(/L / C/f/( %)/

2

% l/% bY

7171

o
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2 marks
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b.

David realises that his new vegetable garden must fit within the boundary created by
his garden path.

Let the existing wall be defined by the x-axis and the boundary of the garden path be
defined by the continuous function g below.

3log,(x) 1<x<k
g(x)=
2log,(12-x) k<x<l1I

(k. g(k))

Both x and y have units of metres.

David considers a rectangular vegetable garden, with two corners on the existing
wall and two corners on the boundary of the garden path. Let w metres be the
width of the rectangular vegetable garden, perpendicular to the existing wall,
and A(w) square metres be the area of the rectangular vegetable garden.

i. Given that g is continuous, find the value of &. 2 marks

}/&jﬁ(x)i 2/*7;// (1,-X)

<y
L= ¢

Vo) A g/ i/(’f/ w() o A<

UM j £ W\/i///é» S 7

7171 Question 5 continues on the next page.
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ii. Show that A(w)= w[12—e2 —e3 |. 2 marks

ou e C/jé km%’/é’(%, e 3/9#/%

/pv‘//s

K=
o e MW éwwé/dﬂ/g wo Z/%a C(2-X)

=11 Cett
7&[ &“57% i§ = ?M/L /
Ay w - (1-e” /e ")

qdrn7/ - -
N . . . ZJWD/J))W/
iii. Hence, find the value of w that gives the maximum area of this rectangular
vegetable garden, and state the maximum of A(w).

Give your answers correct to twq decimal places. 2 marks

W= 7. 49 gef Maximunn Are4

/S, ST 0 /%xm/mom 4

iv. Can David build the rectangular vegetable garden of maximum area, as described
in part b.iii, with less than 12 metres of timber?

Justify your answer. 1 mark

WA O s A S X WA
lostn et be 5.5 =749 =2 6,23
7( 4‘7 2. 49 + b= (1] et
[ | ,
W’ﬁ VWU/ (A bm/// (MQ e
'L 44@ﬁ?f£ C¥? {7W¢é%$/

771
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c. Finally, David considers a pentagonal vegetable garden, using the existing wall for s ) /ﬂvu‘\//“vd A
one side and his 12 metres of timber for the remaining four sides. (v

He requires two sides of equal length w metres from the existing wall to the garden ( / ot f / O{)

path y = g(x). .___.__-—————’*"‘“"""""""'“’“‘“""_“\‘~\\\‘_______“_____, SZQ;)/”K /’ ZVfi

Both of these sides are perpendicular to the existing wall. The remaining two 51des &/
will meet at the point (&, g(k)). ONESIe

The function g and the value k are those defined in part b. (’/‘” L f/f/ . I b {

7%»’n4ﬂ4/ ﬁgggzg%77 /@Aék
_i (q/ é/l/\ (?/)> <<Jﬁu\” Q‘u“/ E% ,wfr)ﬁm?l

5
4 57( (e g(lf)) (s

N ~~~~~~~~~~~~ w/z
34 ( 3 (17; e W)
2 - 6 :

i y=g[x)

1 - W
0 T T T T r: T —» X

ro2 s 4 s 6 7 s Injz 10 11 12

éi , ed ,
Find the maximum possible area for this pentagonal vegetable garden that David can
build with 12 metres of timber or less.

Give your answer in square metres, correct to two decimal places. 4 marks
Ao (w)=w(n-e" ") §
= @{’/ﬁ fraes/z S1 1 - M¢Z‘/ C -
ad /[@Tﬂm/’é// /> @)—m/
2 ()= /7“ /@W/)(V/ZJ/@)/W>
o%a/ Mne«/( |
Alo)zwl + L (flalr) ) W€
Lz (1-¢eT -
M A ol af (3345, 23 9143)
Cét@%ﬂL Vf Afﬁ b M44%401 ", g Gy ”¢('fﬂ“/@//
ebnten [ 0 B w) aud (4 4((0)) , fictunee

/ W %A, 7 [~ /, //)/]1 L’lé 4

N Wﬁ

\\

7171 End of Question and Answer Book
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Formula Sheet VCE (NHT) Mathematical Methods Examination 2

Mensuration

area of . l(a+b)h volume ' lAh

a trapezium 2 of a pyramid

curved volume 4

surface area 2rrh of 2 sphere | —rr

of a cylinder p

Volurpe o xr’h area of a triangle —besin(A)

a cylinder

volume of a cone —nr*h e o
Calculus

i<x”)=nxn_l ¥dx=——x""ve, ne-1

dx J n+1

%((ax+b)”) = an(atx+b)"_1

(ax+b)"dx = ! (ax+b)" " +e,n=-1
a(n+1

i(e‘”)zaeax eaxdx:le"xwtc

dx J a

d 1 !

a(loge(x)):; | ;dleoge(x)+c, x>0

% (sin (ax)) = acos (ax)

sin (ax)dx = —%cos (ax) +c

—j; (cos(ax))=—asin (ax)

1 .
cos(ax)dx = —~sin (ax)+c

d ) S
—(tan (ax))= = asec” (ax) IR
dx ( )) c052 (ax) I e
d dv du ) véli —u a
product rule —(uv)=u—+v— | quotientrule d(u)_ gk dx
dx dx dx P = 5
X\ V Vv
dy dy d I (x,
chain rule —C}ii = d—fl d—z Newton’s method Xpo) =%, = f'((xn))
trapezium % - 5
rule Areq ~ 120 [f(x0)+2f(xl)+2f(x2)+...+2f(xn_2)+2f(xn_1)+f(xn)]
approximation 2n
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Probability

Pr(4)=1-Pr(4") Pr(AuUB)=Pr(4)+Pr(B)—-Pr(4nB)

S—
Pr (A‘B) — Pr(AmB) //7////
Pr(B) P
_ : _ 2 2 _ 2

mean u=EX) variance var(X)=c"=E(X-w)=EX") - uz

binomial | (7)__ n! ///////

coefficient x) x!(n-x)! S

Probability distribution Mean | Variance
discrete Pr(X=x)=pk) U=2xpx) o?=3 (x— 1) p(x)
: ) 1 = 2
binomial Pr(X=x)=| |p*(A=p)""" | p=np o =np(l-p)
; b 00 0
continuous | Pr(a<X <b)= J f(x)dx b= .[ x f(x)dx | o*= J- (x—u)? f(x)dx

Sample proportions

P= % mean E(f’) =p
R 1— approximate ) 5(1-5) . 5(l— B
stangrd sd(P) =, /___p( p) confidence p—z p( p), p+z __p( p)
deviation n ) | n n
interval J

End of Formula Sheet
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